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Problem . S  se determine inversa funct
,
iei g : N× N→ N, g(m,n) = 1 + 2 +

...+ (m+ n) +m.

Solut
,
ie. Este clar c  g(m,n) = (m+n)(m+n+1)

2 +m,∀(m,n) ∈ N× N.
Pentru n ∈ N ar t m ca ∃!(x, y) ∈ N × N astfel încât g(x, y) = n ⇐⇒ n =
(x+y)(x+y+1)

2 + x.

Not m s := x + y, t := s(s+1)
2 . De aici avem s2 + s − 2t = 0, iar cum s ≥ 0

g sim s =
√
8t+1−1

2 .

Avem t ≤ n = t+x < t+s+1 = s2+3s+2
2 , de unde 8t+1 ≤ 8n+1 < 4s2+12s+9 =

(2s + 3)2 =⇒
√
8t+1−1

2 ≤
√
8n+1−1

2 < s + 1 ⇐⇒ s ≤
√
8n+1−1

2 < s + 1. De

aici, s =
[√

8n+1−1
2

]
.

Obt
,
inem acum t = s(s+1)

2 =

[√
8n+1−1

2

]([√
8n+1−1

2

]
+1
)

2 , iar apoi

x = n− t = n−

[√
8n+1−1

2

] ([√
8n+1−1

2

]
+ 1
)

2

y = s−x =

[√
8n+ 1− 1

2

]
+

[√
8n+1−1

2

] ([√
8n+1−1

2

]
+ 1
)

2
−n =

[√
8n+1−1

2

] ([√
8n+1−1

2

]
+ 3
)

2
−n.

As
,
adar, g−1 : N→ N×N, g−1(n) =

(
n−

[
−1+

√
8n+1

2

]
·
([
−1+

√
8n+1

2

]
+1
)

2 ,

[
−1+

√
8n+1

2

]([
−1+

√
8n+1

2

]
+3
)

2 − n

)
.
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